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Abstract – Recently Deo N.et.al. (Appl. Maths. Compt.,
201(2008), 604-612.) introduced a new Bernstein type special
operators. Motivated by Deo N.et.al., in this paper we
introduce generalization of positive linear operators (4)
which is generator of positive linear operators (6) and (7). We
shall study some approximation results on it.
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I. INTRODUCTION

Baskakov [6] introduced the sequences of positive linear
operators { }, ( )∶ ∁[0, ∞) → ∁[0, ] ( > 0) which are defined by( )( ) = (− )! ( )( )∞ … . (1)
and are generated by sequence of functions { }, ( )
possesses the following five properties :

(a) is analytic on the interval  [0,R] where R>0
including end point.

(b) (0) = 1.
(c) is completely monotone i.e.(−1) ( )( ) ≥ 0 = 0,1,2, …
(d) There exist positive integer ( ) not depending

on such that− ( )( ) = ( )( )( ) 1 + , ( )
where , ( ) converges to zero uniformly in
as → ∞.

(e) lim →∞ ( ) = 1.
Deo N.et.al. [1] introduced a new Bernstein type special

operators { } defined as,( )( ) = ∑ , ( ) … . (2)ℎ
, ( ) = 1 + 1 + 1 − ;0 ≤ ≤

Again Deo N.et.al. [1] gave the  integral modification of
the  operators (2) which are defined as,( )( ) = 1 + 1 ×

, ( ) . ( ) ( ) . . . (3)
and prove some approximation results on the operators (3).

Motivated by Deo N.et.al.[1] we studied  a sequence of
positive linear  operators { } which are defined as,( )( ) = 1 + 1 ×(− )! ( )( ) . ( ) ( )∞ . . . (4)where

, ( ) = 1 + 1 + 1 − ;> 0 ∈ 0, .

and are generated by sequence of functions { }, ( )
possesses the above mentioned  five properties .We shall
study some approximation results on the operators (4).
The following are some special cases of the operators (4) :

A. ( ) =
B. ( ) = (1 − )
C. ( ) = (1 + ) .

In this paper we shall study some results on the positive
linear operator (4) for special case ( ) = .

II. MAIN RESULTS

In order to complete our study first we show that( ) = satisfies the above five properties (a) to
(e).
(a) Let ( ) =
Now successive differentiate the ( ), times w.r.t.  ,
we get

′ ( ) = −
′′( ) = (−1)
′′′( ) = (−1)… … … … …( )( ) = (−1) … . (5)

Therefore ( ) is differentiable in the interval0, .
(b) (0) = ( ) = = 1.
(c) ( ) =⇒ ( )( ) = (−1)⇒ (−1) ( )( ) = (−1) (−1)= (−1) ≥ 0.
(d) There exist positive integer ( ) not depending

on such that− ( )( ) = ( )( )( ) 1 + lim→∞ , ( )



Copyright © 2012 IJECCE, All right reserved
895

International Journal of Electronics Communication and Computer Engineering
Volume 3, Issue 4, ISSN (Online): 2249–071X, ISSN (Print): 2278–4209

where lim →∞ , ( ) = 0 .

since ( )( ) = (−1)⇒ ( )( ) = (−1)ℎ (−1) ( )( ) = (−1)(−1)− ( )( ) = (−1)= ( )( )= ( )( ) 1 + lim→∞ , ( ) .

(e) lim →∞ ( ) = lim →∞ = 1.
Here we took = 0.
This completes the proof.

If we put the value of ( )( ) in the operator (4), we
get new modified positive linear operator.( )( ) = 1 + 1 ×(− )! (−1) . ( ) ( )∞

= 1 + 1 ×(−1) ( )! . ( ) ( )∞

= 1 + 1 ×( )! . ( ) ( )∞ … (6)
Which is modified Szậsz type positive linear operators

and it is given by us.
Now we are modifying operator (6) for > 0 as

follows:( )( ) = 1 + 1 ( )( + ) ( )! . ( ) ( )∞ … (7)
Which is modified Szasz type positive linear operators

and it is given by us.

III. CONCLUSION

In this paper we conclude that our new modified
Baskakov type operators (4) is generalized positive linear
operator of modified Szậsz type operators (6) & (7).These
operators have different approx properties, analysis is
different. We will discuss them elsewhere.
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